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. div((oF) = (V(p) -F + @divF 20N

JVONPNY o =(X,Y,2) XM OINVP NTY F(X,Yy,2) >
.div(rotF) =0 >N .N
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Vx(VxF)==V?*F+V(V-F) "M

(1

(2

(3

(4

(s

SO XNIDYT VINYTI HY NIRNDNN D10 NN Ty *

WWW.G00L.co.il 91NY 19351 INT »IVIDA NINYHD MAIVNY

20

wWww.GooL.co.il 9NND 102 XTI 1IVIDA XON NINSY
© PMMYD NN —INM 2ANd




1979 GWL .Y IVIPNY ,DOIVNIN DNIVP)
(MNP HY VINITI)) NN
L@ =(X,¥,Z) TP OXPNS NN
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OX 0y oz
divF=f, +g,+h,

P Yy, curlF ymonn F Yw curl -n nx 010

curIina g—j& oz +k|ox oy

curlF=VxF

curlF = ﬁﬁﬁ
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x—y+z=1
N
2x—y+3z=3

23 WWW.GooL.co.il 9NNY 19321 INT 10D NN NIND
© YMYO N — N9 ANd




2999 Gwl LANTPIVNIND - DION DINVPI
YA MAIVN
) (1
ND(2
0:x=(-5-2)+1(6,8) (3
¢ x=(41L1)+¢(113) (4
0:x=(2,-7,1)+s(-4,2,1) (5
¢:x=(1,2,3)+1(2,1,0) (6
0:x=(1,10,4)+1(2,0,-1) .2 x=1+4r,y=2+5t,z=3+61 .N (7
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.02 TINNN NTIPI IN O INID ,0°DNN) 0N ON

0y x=(~4,1,-1)+1(3,0,-1) , £,, : x=5(6,0,-2)
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.A(3,-1,5) ,B(k,-1,3) , C(—6,3,—1) , D(-2,3,k) MTPIn mnm (8
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X -1 PN N DOD)
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T E:t(l,0,0)+s(5,—2,—1) (4
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90° .2 78.521° N (1

D508 OMIWN . 63.37° (2
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: DININ MWOHM WON PV IOMA NININYD (1
0 x=(-2,0,5)+2(-2,1,2) , 7 : 3x~2y+2z+9=0

.A(1,-1,2) ,B(0,2,-1) ,C(1,2,5) , D(=7,3,-1) MM mnm - (2
ABC MWNN 121 D) A MNP 129N WO P DI NN INSD

,2x+y—2z-6=0 NoW ABC ©0IN NXNWNY ,SABC NUIWN NN M (3

;N TNION DDA SB ITTNN MINPNN P2 I NN INSD
X, =z, =—1 DOPPN B MPTPN MNPV 2 )N DX

M0 MAIVN

18.87° (1
44.83° (2
14.9° (3
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DMy vy Pa nmr
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7, Ax+3y+z—12=0 : DININ DXNWHN PIY NI NININSD (1

7, 1 4x—=Ty+5z+3=0"

: DN PTPTPY ,ABCD NUNIVYN NN NN (2
.A(0,2,-5) ,B(3,-11) ,C(7,-1,-5) ,D(3,2,0)
ABC N7790 ©7029 ABD MTINN NN 12 7PN NN INSND

[xz] MNY 3x+5y —z+4 =0 IMXNVNY NN P TOIMD IR INSD - (3

OO Mvn

90° (1
87.539° (2
32.312° (3
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.C(k,~1,13-k)-y B(0,-2,6) , A(2,4,—5) MM mnnm (1
.AB=AC -V T2, 0P MV M1 ABC ¥2WNn DNIY £ DIV INSND

NAIVYNn

k=12 W k=8 (1
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Y2 TR 12 PhN

MONY
A x=1(2,0,—7) WD A(13,-1,-19) NTIPIN P2V PNINDN ANINSD (1

. A(1,6,-1) ,B(2,-1,0) , C(6,-4,0) MTpPI MMy (2
ABC w5wnn NLY NN 1AVN

ABCD 1207 5¥ AB Y80 DN £ @ x=(5,-2,0)+¢(0,1,-1) N2y (3
.D(5,4,2) NI MDINONPTIPN TNX
(NYPYIVON NV B TIPTPN MNPV NN INSD

M0 MAIVN

J54 @
1275 (2
.B(5,-4,2) W B(5,4,-6) (3
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MNYM? NNMRa Pa PNON

MONY

.DYPNN TPYRIM 4x—2y—4z+15=0 NN YW IPNIN DIRINSD (1

0 x=(1,-8,3)+7(3,-2,1) TOY TNNNDN NN NRNUNINSD - (2
. A(4,5,-9) NN V14 PRI N¥ON

A x=(7,19,-3)+1(3,14,—4) , 7 : 2x+4y—4z+15=0 NV W NN (3
.6.5 NI MYMINN JPNINY IWIN DYY MITIPIN NN INND

OO Mvn

1
2— (1
5 (

i 3x=2y+z-7=0 W 7 :3x-2y+z+21=0 (2
(1,-9,5) W (4,5,1) (3
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D*2apn DM Pa PNNN

MONY

.A(15,0,—4) ,B(12,-5,2) , C(6,1,4) , D(12,11,-8) mMpxr mnm (1

B-) A YT 92N 20N P2 YTTNN 2801 NN INSD N
D-) C MNP 9N W P

JN PYDN DY P PRIND AN INSD .2

;DN DY MINHN YN DY MydN 4 (2
L:x=(2,0,-1) +¢(1,-2,1) , L,:x=(-8,-1,19) +5(-4,1,6)
l:x=(-2,7,-11) +r(-2,4,-2) , [,:x=(-2,15) + q(4,-1,-6)
291 NIN YNNI INDIN LN
JA9NN NLY NN INND .2

M0 MAIVN

NI 76 .2 OIpn N (1
Y /824 A NN NONRY N (2
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MYM? I Pa RN
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Ax—z4+6=0 NN DINNIYN NN (1
ITIN NWININ AT Y -1 PN PAITTNN 280N NN INSD N
NN NN P Y -N PN P PNIND DN INSD .2

dix=(Lk-15) +1(4,-2,-3) , 7:3x+12y—4z+k—-10=0 MM IV NN (2

2 9910 I MWD IAPN WY INDIN LN
1NN MWD WO P PRIND IMIAYY £ 0NN DY IDTY NN INND .2

OO Mvn

6
— .2 WY Hapn awn . (1
J17 '

k=2,4 .2 NN NORY N (2
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D*2apPn MY A PhIN

MHNY

i 3x=4y+5z-10=0 : NN IXNVN NN (1
ANNA8 PNINA NYNIM NN NWINY 9APNN MWD NRNWN INED

T i x=2y=224+6=0, 7, :x-2y—-2z—-12=0 :D92PN DN MY NN (2
PNINI NENIN DINTHN DMNYINN MWD D3APNN MNWNN IRV NN INSD
DMIYN VY

(DN DYV OONN (3
m2x+y=2z-11=0 , 7,:x+2y+2z+5=0 , 7;:2x-2y+z+3=0
7wy 2x+y=2z+7=0 , #mix+2y+2z-1=0 , 7 ihkx+qy+z+p=0
12N DXINY DINWINN NYY DNV, p-) g , k£ DIVNIIN MY NN INNND
NI MTN’ 60 NNAY

NNNN ND>0AY M21P2 DIDN O(3,8,—-1) NTIPIA NIMMWY NTD (4

A2x+4y—3z—6=0 INNXNVHY NN DY NN
PN DY NOYN DIDIN NN MDY NYINN IRNYA NN INNND

M0 MAIVN

7 :3x—4y+5z+10=0, 7, : 3x—-4y+5z-30=0 (1
7ix=2y-2z-3=0 (2

k=2,q=-2,p=18,-12 (3

12x+4y-3z-136=0 (4
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D'aA?vXn 0" A PNIN
MOHNY
0 x=(-3,2,6)+1(—4,1,2) ,0w v onm (1
Ay 1 x=(0,2,-7)+5(1,0,—1) )
DAY PN NN NN DIADVND DWWV NN
0, x=(-10,5)+7(1,1,-2) ,0225080 D> NY NN (2
A, 1 x=(2,-1,9)+s(6,-1,0)"
DIV PNIND NN INSD
2N VNN L x=(4,-2,-1)+1(—11,6) N PRI DN INSD (3
A0 MAIVN
AN ﬂ (1
J6
N 1,567 (2
N A2 (3
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n"MvYNnw NiMpn 0?2vin

MHNY

X+1 y-2 z+1
2 1 1

VN DY A NTIPIN DO NN INSD N

WY DN A-D MIVION NTIPIN NN INSND .2

L

N NI AGL-13) iy nm (1

IX+Ty—2=8 MW pnn A(0,0,1) nTpy M (2
NYNNHY A NTIPIN DO NN INSD N
Mo oM A-S V0N ,C NMIPIN NN INSND A

:DININ DYONOY VY (3
LD PSNONYNY N2 AL 3,2) NTIPID NPIVIION MTIPIN NN INSD N
LDPSNONYINY DN A(X, Y, 2) DTIPID NPIVDION MTIPIN NN INSD .2

.A(0,2,4), B(-2,6,-2), C(2,-4,8), D(10,2,0) :2an7m2 MM 4 mm (4
ABC Mwnn by AD 9w YUY NN INNND

OO Mvn

C(-1,4,-6) A B(0,1.5-15) .N (1
c(ﬂ,ﬁ,ij a B(l,lﬂj N (2

11'11'11 11'11'11
B,(13-2),C,(1-32),D,(-132) . (3

B, (X, Y,~2), C,,(x,—Y,2), D, (-X,y,2) .2
x=(0,2,4)+t(0,11) (4
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2 P9 GVWL AN TPIVNING - DTN DINVP)

NINION NI?XRY

.A(1,1,3),B(1,2,0) , C(1,1,1) mmMpy nmny (1
.C DY B NN 92011 9N YWY NPI0NID MIND INSD N
T WD DY NINNNDI XD A DTIPIN 2D NN
.C By B NN 92011 v 2% A 0PN P2 PRIND NN IIVN .2

YD THINNDM A NTIPIN TIT 1IN ,NIWINN IRNYNI NN INND )
.C Dy B DN 22nnnN

,DYONN) DN DX IWYAP) OINAN DXIVON NI DY I TTNN DIANND NN INSD - (2
.DY250VNN N DYTIONND ,0°D72APN
NN NN IO MTIPI NN O INY ,0°5NNI DIV I NIPNA
.DMYN Pa
DA PNIND NN D) INSND , 0720081 IN DID¥APN DMWY 12 NIPN2I

x=(1,0,1)+7(1,2,0) , x=(1,1,0)+s(2,4,0) .N
(-2,2,4)+u(6,6,1) , x=(1,-1,0)+s(12,-3,1)
x=(L1,2)+¢(1,2,-1), x=(2,3,1)+5(2,4,-2)
(1,-1,0)+¢(0,2,—4) , x=(2,0,3)+s(-1,-3,1) .7

X =

X=

,NUYINN NN TNIN YN OX VAP IO NYONN DY OITTNN ANND NN INSD - (3
NN DN IN NYIND DIAPn
TN NTIPI DX D) INSD NN NN TN N NIPN1
SNYINY WIN PR PN NN O
NYNNN IWIN PRI NN INSD NI DAPN W 12 NIPNI

2x-3y+4z-5=0, x=(1,0,2)+2(-1,2,2) .N
2x—5y+3z-6=0, x=(-3,0,4)+1(4,-2,-6) .2
2x-14y+10z=-6, x=(2,1,-2)+£(-2,2,0)

N DXTIONN ,0°7°2PN DN DX WIAPY DXNWININ DY OITTNN ANNDN NN INSD - (4
D712 PNINND NN IRYD DXDAPN DXNYINN 12 NIPHNA .0MDNM)
D72 TIFNPND IY NN DA NN NN INYND 0¥DONN) ON 12 NIPHNI

Xx=2y4+2z-10=0 , 2x+y+2z-4=0 .N
2x=5y4+3z-6=0 , 4x-10y+6z-8=0 .2
2x-14y+10z=-6 , x—-Ty+5z=-3 .)
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.8 NI NNV , ABCDA'B'C'D' M Nnny (5
.yt 4x+y+32-28=0 NN ABCD D021 NNN POYY NN NIRNYN

L, ix+2y—2z+6=0 NN ABB'A’ DRI NN POYY MYINN NXNWYN
ADMIWAN 2) CD MIXPNRN NNN POYY WD DY NPIVNID MINT INND

.0(L1L,2) %womY ,MT DY NNSM) A(4,0,—1) NP (6
A NTIPI2 NTIT POUNN NN NINNYND NN INSD

L x=(15,5)+t(L,1,0) , 7 : 2x—y+2z+1=0 WY MWD ONM (7

DMV DXPNINI NRNMIN , z -N DY HYW 22PN 1PN HY NTIPI INSND
AWM NYWHIN

Ty 2x—4y+4z-5=0, 7, : 4x—2y+4z—1=0 DONYN NV DN (8
6 PNINDY 7, NN 2 PNINT MY I HY TPIVNII 1IN INSD
(DMIVAN 4 TINND TNX I DY MINN INSND) 7, NN

Ay x=(0,-3,0)+1(1,1,—8) , 7 : 6x+2y—z+5=0 N W ONM (9
ION AN TMM P(1,0,—-4) NTIPIAN2W , 7 NN 22PN, £, 9010 W
NP2 NANIPN NN P ATIPIN, 7 NYINIY MTIPIN P .Q NP 7,

.Q TP AN NAIPN NN Q' NTIPIM P NTIPID
PQQ'P' 12511 NLY NN INNN
(£, 59 NPIN NVPY AR ¢ MYSNNI WA : NIITN)

i 2x+y+z-5=0, 7, : 3x+y+2z+11=0 DN MY DN (10
.DNYINN NV P TINNN W NN 7,
IYON DY 60° DV TP NP /£, IWIN AR DN 7, NN
Ay x=(1,3,-4)+1(1,1,0)
7, NN ARNWYND NN INSN
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YA MAIVN
y—z+2=0.) V2.2 x=(1,2,0)+¢(0,-1,1) .X (1

D>TI511 .) 4.07 ,025081n .2 1.095 ,009apn N (2
LA47.6° : NN TN L (1,-3,4) NTIPI2 ©ONN) T

2oMm .2 .0.9284 orapn N (3
-40.78° : NN 7PN, (3.5,-0.5,-2) NTIPI2 TN )

.63.6° :7PMY, x =(0,-2,3)+7(3,-1,-2.5) : VN IW .0DONMN X (4
0719 NN ) .0.324 : pNIND .OMAPN A

L:x=(0,2.585)+¢(2,-2.75,-1.75) , £:x=(0,7,7)+¢(8,-11,-7) (5

7 =3x+y+3z+15=0 (6

.(0,0,14%) N (0,0,4) (7

Aix= [O,—l4,—15%)+t(—14,14,21) (8

VM1 10.467 (9

7T 2x+y+z-5=0IN 7, :x+2y—-z-58=0 (10

47 WWW.GooL.co.il 9nNY 103271 INT MI0ID NN NIND
© YMYO N — N9 ANd




279 Gwl AN TIVNIN - DION OIXNVPY

Y220 D10

Y95 NN

INNNI AN NN (x,p) :NTIPIIND (0,0) DXV NPYUNIL INSINDY NOP)
u=(x,y) : N2 DINI MIONN

|/  TNONT
B(4,2)

9 SN S N } ’[xy] MY N8I u = (4,2) MNOPNN o

| u=AD .B(4,2) nTp321999) A(0,0) NTIPIAINSIND

20PN 2NN RYD) 1 =(4,2,5) :NOPNN e
A(0,0,0) DN YNNI INSN
.B(2,4,5) : NP1 10D

09580 YN NN INSINIY 90PN

WN Y AN B(x,,,,2,) :NTIPIAIND A(x,, ;,2,) NTIPIA INSINY NOPN
u=AB=B-A=(x,—x,, —y,2,—2) : NI 19INI NN 19O NTIPI ¥IN

48 WWW.GooL.co.il 9nNY 103271 INT MI0ID NN NIND
© YMYO N — N9 ANd




2 P9 GVWL AN TPIVNING - DTN DINVP)

PN DN YOP NPITNI YOP YNNIN

B(x,,7,.2,) =Y A(x,,»,,2,) : DN PINSPY M YOPN YSON o

X, +Xx + z, +z
Xy, = 12 2’yM=y12y2’ZM: 12 2 . NN

o2 B(x,,1,,2,) -V A(X,p,2,) PYISPY YOP NPONNN P ATIPIONYY e

.xl,:—k'x”rl'x2 ;yP:—k-y1+l-y2 : zpz—k'zlJrl'Z2 0N k:l SV
k+1 k+1 k+1

NI2IYN NINNA NVPN HY I NY99PO NYaON

DNDNN Y AVINT - v :)YIION v-) ¢ DINOVPN MY DY MIYPD ND9ON
INSID NN NTIPI P NISNN TN XN @ WND 1y = |u|-[v]-cosar : INAN
.DNVPNN NN P ONVPNN

YN AN u=(x,,1,,2) » ¥ =(X,, 1,,2,) : D NOPN HY NP NHAON

'ﬂ’l:(xlaylazl)(xzayzozz):xlxz + 0, t22, 1NN

.|g|=\/zzz XAy oYM u=(x,p,2) NOPN SWIITH

Y Y 59901999 NHSN

LDYNVPN NV HOIY NISNY JN 2NN DD I

PHYAN MOPN RIPI g NVPIN

PN YIN DY ONWID NTIPI DY INDIY DIVNN MIWRIL TN INNIN
YN HY INON MOPN XIP) 1 NVPIN

/ A N 1D NNNX NTIPID IR NINY TN DY R¥MIY NOPN NN N
v LWVIN TR NINK NTIPIA

0 x=a+tu MY )M DNOVPNN NV P2 IWPN
INXINDVY DY NN 7Y DAPNNN NOPN XIN x =) INWID PWNN 19010 NIN  TUND
%N 5y NTIPI DY 1I9D) DX MYNRIA

D>NVPNN NN Y2 C(7,0,10)-) B(5,3,1) , A(0,0,0) : MTIPIN N2Y : XONT
a=AB=B-A=(531); u=BC=C-B=(7,0,10)-(5,3,1)=(2,-3,9) : ONIN

1:x=(5,3,1)+1(2,-3,9) : NN N DY NPIVNID MM 12D
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tMIHYH*

NPNYIN MOPN NN NI N MDTAN NPIVNII NNND NOPX W D e
0N NOPN

[:x=(7,0,10)+1(=6,9,-27) : NONTIVY TWOD NDNNND D) NN MININ

MY AP WO DY NNR NPIVNI MINNA ¢, NIANN OVY DAPNND x NOPNN  °
AWM Y NINNK NPIVNI MHINNA £, NIAND

L1 NOPNN DY IRNI g MVPNN DY IND NIINA NN DY IPNXIB NTIPIN e

NNONND VYOI MITIPI XNY NNPY 229010 W DY NPIVNIO MINN NV YT e
NTIPN (WD TVNN DY IRYNIN D NTIPI OY TN C NNIPIN DWNY) u NOPIN
@ NOVPNN NNONNY NID

D»IVNIN DXNVPN NY DY NN NWYND NI I DY MIVNID TINN e
NN YN DY IMNDY DYPNN NPYNRID INNINY NOPN DNINNN ANINI

0°9VY? 12 >791 a¥N

: 2NN DMWY I P2 OXTTN 022NN 4 DIV

SINN W NYYND DN DIWIN MY : DITIONN DY)

2NN DY) DN DYDY NI INMN YA DIIWIN NV : DIDIAPN DY)

2NUDD NTIPIA DXONNIN DMV DN DY 2NN DY MY : DINN) DI

2NN DY) DINRY DMV DN DY DMWY NV : DIAZVNN DI

: INAD MAOW-YTN NPYTAN NN YN DY NV PAITTNN 280N DX NIAPD >1D

DN NN DY DMWY DNOW PNIN

N:/ \13

TN NTIPI W DMIWD DN NAMWYN NTIPI DIV DN
DIYID TAN WM NTIPY DRN)
1V W DY NINNND)

Y NV X
l 0a508n I [ u’:mm] [ ﬂ’b".‘l?}:] [ ﬂ"f:’bﬂb]

[ Y0P DND) NI ININA DIV DN ]
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MY HY NPIVN99 NIXN

LDOMNOLPN NWIDY Y MANND 1N ANININYDD NN

g!,/ PHYNN NOPN NN g NVPNN
v _ XNYNN DY SIWID NTIPILINDI DIPN IWYRID THN INNIN
V4 SNMYINND DY NN VP DN v-Y u DINVPIN

NYINN DX DOXWNIN DXNVPNN DN

7o x=a+tu+sy 7Y NN DNOVPNN NYIOY P2 WP

YN DNINA 7Y DAPNNN NOVPN XIN x =) DNYID D1WNN DII90N DN 7,5 TYND
L NN DY NTIPILINDI DIPNN NPYNI INNIN

MV HIRNYN

71 ax+by+cz+d =0 : NI OINI IRNWYN MY NOD PIND 1)

20NN NOPN MY DN a,b,c DNTPHRM NWHN DY NTIPI NN (X, ),2) : TWND
-h=(a,b,c): Y20NN NWNN OV

MWD Y )2 211N aNn

: 2N NN YW P OMTTN DXANN 3 DI

\ NYINN AR TN W e

A —_— NS 9APN WD e
\

7Mmn 91pn0 599 NN OIN WIN e

IO DY YOOI NTIPI XN W NN Y PAITTNN 28NN NN NYTY OO
S PYTADY NWINN NNNYN2I

SNYINRN NN TN AW IR TN PNIND W NOIAPNND INNVNY ONX e
NI DAPN W IN PNIND GN PR INNWNY DN e

NN DI IWIN IR MNING NOIN YW NIRNUND OX e
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09V 122 *T9N ANN
L DOTTN DXANN 3 DY DN NV Pa
PIPAN AW XIPIN GV W DNY W MY NIPNI - DONN) DNWNN e
MY APNYN MOPN TR DI DIYNO DINOPY DINYNN NWY — DODAPN DNWNN e

NYNNINN NN DN DINYIIN MY NT NIPNA - DITIONND NYONN e

7, ax+by+c,z+d, =0 m:ax+by+cz+d =0:0"993 DNYN NY NIY

: NI J9IND 0N >TTNN 2AX¥NDN DN IWYAP)

025N 0’92PN 01955
NN 230 95 4 _bh_a 4 4 _b_a_d
a, b, ¢, d, a, b, ¢, d,

PIRNDIN DN NIVIN

u-v
. cosa = |—| |—| DOPYAVINN u L,y DNOPINIYPL o M e
upr-y
ccosa =2 AN L =a, +su, ) [ =g, +tu, DI NIYPI o DTATOM e
ot ||
mrax+by+cz+d =0 WM [=a+tu WP a DTN TN e
) u-h
.sing = W : NN DNON 7Y AVINN
ur-|a
max+by+cz+d =0 :DNYWNNYYPL o DTN o
.cosa =‘M DY AN 7,0 a,x+b,y+c,z+d, =0-)
||
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PINNDI ©XPN IVIN

JOINA 2N’ AN B(x,,1,,2,) ) A(x, 3,2, ) MMPIONY PAPNIND .1

gy = (5 =5 ) + (=0 ) +(z—7) xan

[:x=a+tu : TIONIMSNA PN WD A(x,p,z) NTIPIPAPNIN .2

NTIPI DX NINND YT 1N DIWON) IWOD NTIPINND TIN NIV 7Y AN
JDAND YO DV NPON MLPNA TIRD NVPNN NJAON NN IMNVYNY ¥ TINNN

AN 7 ax+by+cz+d =0 NN A(x,y,z) NTIPIPAPNIN .3

_|ax1 +by, +czl+d|

.d=
| \/a2+bz+c2

:)H”

DWW TANRND NTIPI2 WY 7Y AVIN® DYIAPN DIV DY PAPNIN .4
.2 YD ININNDI NIYUN I APNIN NNOND)

IO DYY NTIPIA WIIYW MY AWIN (1D D2aPNN) NI IV PApnIn .5
.3 YDA ININND NYINNN PN NININMDI

s MINAN NPIVIRTD NNNX 29D AWIN? OIIAPN NN NV PAPNIND .6

DIUN NYWINNN APNIN NRINNDY TR NI DYV NTIPIL WIDY X

dl_dz
Nat +b*+ ¢

DIV TNN DY MYIN NRNYN NDND MY AVIN D3OV DIV PA PRI .7
.5 902 ININND MWD IYINN IPNIND NNIND)

.d= :NOMI VDY .2
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ViR "TN?N2? n'vin'y np'vnnn
apla)

2NN Da10 D’NLYN YN D'’MINN DM - 3 7214

0'1Myn 101N

S . YN DN ONP .1
8 NIVNIY MINNA NYINI DN DNP .2
6% (11°3219) NP2V MIXNA NV DN ONP .3
80 aNIN1 DNLYNH .4
(OO NDD) IV MINNA 2NN DXNVLYNA .5
72 aNIN2 DX .6
Z4: NPNTI NP MOV TNNIP .7
4 T 17V NOYNN DXNLYN — NID) .8
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3 P19

Gwl . DXNVYN MY OMINH ONP

MY DM oMy

MHNY

: DININ DMINNN NN NN VLIV (1
S={(x,y)|-1<x<1 -1<y<4} .N

S:{(x, y)|-1<x* <1, -1< y£4} A
S={(x,y)|x<y<4} .

: DINAN OIMNNN NX NYNIAIVLVLIV (2
S={(xy)|x-1<y<2x+1} .N

S={(x,y)lly-2x<1} .2
S={(xy)lIx|+y<4} >
S={(x,y)|(x+y)2s4,x>1 T

: DINAN DDHWNN DY OPTIN 10900 NN NN (3
X +y*—2x-3=0 .N
x> +y*-8y=-15 2
X+ Yy +2x+4y=0 .

AN YLV D3NN PN DININ DXBYOIN TN YO (4
y=+v1-x* .N

y=—J1-x* 2

2

X=41-y°
X=—y1-y* .7
0<x<1 y=v1-x* .n
—gﬁxsg y=v1-x* )
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. DXNVYN MY OMINH ONP

37979 >
OGUUL
AMNX VLIV VNN PON DINIAN DXPOYONN TAX DI (5
y=2+1-(x-3) .N
y=2—+-x*+6x-8 .2
X>35 x=4—1-y* .
: NN OINIAN DIMINNN NXRIVLVLIV (6
S={(x )X +y* <4} X
{(x V)X +y <4}
{(x V)X +y >4} 2D
S={(xY|X+y* >4} .7
S_{(x V)| —V4—x2 <y<4-— xz} 1
={(x V)| —\4-y* Sx< 4~ yz} 3
{(x Y)|0<y<4- XZ} R
5 ={(x )| —4-y* <x<0} n
: YN OINIAN OIMINNN NR VLIV (7
:{(x, V)1 X +y? s4} N
S ={(x,y)|ls X?+y? <4, x20,y20} A
:{(x,y)|l£x2+y2 <4, XZO}
S ={(x,y)|1s xX* +y? <4, yZO} 1
;YN OINAN DIMINNN DX VLIV (8
S :{(x, Y) | X2 +y? —2x+4y+1£0} N
:{(x, y)|0<y+1< \/1—x2} A
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3P G/WL . DXNVYN MY OMINH ONP

;YN DINAN OIMINDN IR VLIV (9
S={(x, V) 1<x*+y* <4, x<y<2x} .N

:{(x,y)|x2+y2£4, yZX}

={(x PIZx+2<y<25-%

3

{(x y) | X2 +y? <4, y>x2} T
s={x I <y<a- xZ}

s ={(x M) lIx-1l= y < 1-(x-27

.25%% +4y® —50x +16Yy =59 NNIWHN NN (10

MR VLIV NODONR NIRNND IRNYIIY INIIN N

NNNNN INNN NN JPYYN INNN DN MINNNDY NPIPNON NN MY .2
.OHNN HVY

YNNIV IXNN NN 2D HONNN NN MINNNDY NPXPNON IR MY )
.OMHNN HVY

POV IN NOONN TINA NMONN NN MTIPIN DD NP >IN T

XD DYDY NODINRN TINA DN NN MTIPIN DD NP YN
MOV NUNN

=]

: 9V DXNAN DIINHN NN VLIV (11
S ={(x,y)|4x* +y* +8x—4y+420} .N

{(X y)I0<y<— 9- X} A
={(x y)|—y+1<x<— 4- y}

{(xy)l—— —x*<y< } T
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3 P19

GW‘ . DXNVYN MY OMINH ONP

: YN DXNAN DIMINDN NN IVLVLIVY (12
={(xy) X <y<2-x*} N
S:{(x,y)|—2£ ys-xz}

={(x Yy —2<x<-y*}

S={(x,y)|y2£x§1—y 1

: WD DINAN DIMINNN NN VLIV (13
X,
{( y) 1
2 2
X ¥ sl
Xi - T 1 -
e R
XZ y2
X, y)|— - T
{( y) 7 g ° }

2 2
X__y_gl} N
9
{( y)__%>1 x? +y <16} u
Y90 MAIVH

GooL.co.il 9NN 1DI9N DXVIVIYY DININ MNINY
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3P th . DXNVYN MY OMINH ONP

nMmvunNna naxna Mvnna 0NN oMmy?

MHNY

L TPTOIP MINNY ,NNTIN NIVNION MISNN P Y (1
t>0 x=t*+1 y=t* .N
0<t<~r x=sint, y=cos’t .2

T<t<L2rx x=cost, y=4sint .)

NN OO0N HY IIVNID NN PID - (2

21901 95 NNRVIANY MORNND IRNWND INSND ,t VNN DY NIDONOIT DY
272092 y-) X DINYNN MYNNHNI

x=t—-4 ,y=t> .N

x=—-4+cost ,y=1+2sint .2
x=4cos’t ,y=4sin’t .)
x=tt+)+1 ,y=t(0.5t+D)+1 .7
20t 20-5t°
e T e
Mp k) x=ke'+ke" ,y=ke'—ke"

"

L XP+y =8 Yynpn pm (3
1PI0VNPIN INNNVN NN INSNDY DIVNHN IR IVVIVY N
NTIPID A(2,2) DTIPINN 2HYNN PIN DY VNI MINN INSD .2

.B(-2,-2)
NN AB WO DY 920NN, D DINNN DY NPIVNII MIND INYD )
R \V)a))
2¥10 NN DN P2 DAINNN, E DINNN DY NIVNID NMIND INSD T
X +y* =16
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3PI9 G‘WL . DXNVYN MY OMINH ONP

X4+ y? =25-1 (x—8)* +(y—4)’ =25 Dyn »v ooNm (4

TINM INYI) NPIVNIAN OPMRNYN NN INYI ,DI0IYNN DX VLIV N
.DO2NNN THN 952 RIDIN DINNY NPIVNID

TW NOYa A DTIPIN NN, B-1 A ,MTIPI dNY1A DONNY DDHYNN .2
AN TN y-N
.B 120 A 290N PON DY NPIVNION MINNN NN INSND
.DMPN NYI YN

.DY2X¥NN MY P2 OIDNN DINND NPIIIN TN INYD )

2
X_+y_:l
) 42 22 s MOMHYNOINY HY MIXNVN DM (5
X_+y_:1
2 4

D1PI01D9970 NN DX INNND) MOPIIND NX VLIV N
JAMXIRSD ,MTIPI 4-2 MONNI MOPONND .2

2010 4-1D 2571 D20 MTIPIN 4 NN 12NNN PN )
MONNN NNX 53 DY NPIVNIN NINNN NN INSD

MOYONRN YNV TINA D2NNN ,0INNN DY NPIVNID MIND INSD T

AXE—y? =4 99N Ny (6

.MYP0N YNVN N5 NYINN N
NNN Y9 DY NYIVNIVN NINNN NN NIINRN NINN NN INND
.MY0NNN

1’25 191299010 12 S2NN DINNN NX VNIV DN NN .2
DY MOVIVIIONN

32—y =3 nNnwnn N (7
AOVIY IRNYNN NINNND NYINIIP NN N

MYY0N dNVUN 20NN X PYONIPN A
NNN Y9 HY 1Y70VNIN NINNN DRI NIIND NINDN DN INND
.MYY0NNN

NP A(=2,-3) DTIPINN PN IPN DY PON NN C ND0NN )
.B(-1,0)
JP01m79 NNNA C NNOHIAND

.C 122017 y-N N PN INPN PHIND IR INSD T
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3 P19

Gwl . DXNVYN MY OMINH ONP

X=t-sint

0<t<2x DIPYN TN NINIAVN (8
y=1—COSt
X =4sint

—r<t<27 {y=10t  OPYN TN NNIMIVN (9
Z =4cost
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3P val . DXNVYN MY OMINH ONP

NOYD Mvn

y=1-x*-1<x<1 . y=x-1 x>1.8 (1
2
x2+y—=1,—13xs1,ys0 2
16
22 2 1Y
X3+y3=43 ) (x+4)2+(y7j =1.2 y=(x+4)?.N (2

X*—y?=4k* ) X*+y*=25.n X —4xy+4y*=2y-1.7
x(t):J§cost ££t<5—” 1 x(t):JE_;cost
y(t):\/§sint

{x(u,v) = J8ucosv

y(t)=Bsint 4 4
y(u,v) =f8usinv

x(u,v) :ucF)sv J§3u <s
y(u,v) =usinv

0<t<27 .X (3

S5z

0<u —
4

IN

1,

IN

<V D)

NG

o
IA
IA

v<2r .7

5:0P77.(0,0): 909 : X2 +y* =25 Yvnn N (4

x(t) =5cost

{y(t) =5sint

x(u,v) =5ucosv
'{y(u,v):Susinv

0<t<27z 95NN 5V NMLVNID NIND

0<u<1 0<V<2r 99N BV NMLVNID NIND

5:0P77.(8,4) : 10 : (x—8)* +(y—4)> =25 Yynn

X(t) =8+5cost

’{y(t)=4+53int

x(u,v) =8+5ucosv
'{y(u,v) =4+5usinv

0<t <27 :D2vNN YV NIVNID NIND
0<u<1 0<SV<27 :9MynNHY MIVNID NIND

o OstSarctan(fj 17PN .2
y(t) =5sint 3

X =8+5cost
"|y=4+5sint

{(x, y) | 25— (y—4)* +8< xs\/25—y2} 2

X(t) = 2cost, y(t):\/fsint 0<t<2r
x(t):\/fcost, y(t)=2sint 0<t<2rx '

{x(t) =5cost

4
, T<t<arctan 3 +7 -2 0PN

(s

2 2 2 2 2 2 2

AR A e L Ik
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3P val . DXNVYN MY OMINH ONP

: X1 = \/E_COSt arctan (—ij <t<arctan (iJ :DA 0NN 2
y(t) =2sint 2 J2
. XV :\/E_COSt arctan(—i}wrgt <arctan (ijwz : BC no»onn
y(t) =2sint 2 J2
X(t) = 2cost
. © _ arctan(\/f ) <t< arctan(—«/f )+7r . AB nYonn
y(t) = J2sint
X(t) = 2cost
: ® _ arctan(\/i)wr <t< arctan(—\/E)JrZ;z : CD nYonn
y(t) = J2sint
D=D,uD,uD,uUD,
D. - x(u,v) = J2ucosv
" | y(u,v) = 2usinv
0<u<] arctan (—ij <v<arctan (ij
2 2
| 'x(u,v) =v2ucosv
D,: )
y(u,v) =2usinv
0<uc<l], arctan(—ijwz <v<arctan (ijwr
V2 V2
~[x(u,v) =2ucosv
' y(u,v) =J2usinv
o<u<l, arctan(\/i)SVS arctan(—\/f)wz
~ [x(u,v)=2ucosv .l
' y(u,v) =2usinv
0<u<l, arctan(\/i)wzSVSarctan(—\/E)+27r
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3P th . DXNVYN MY OMINH ONP

2 2
.x:—,/1+yZ n>bmw,x=1/1+y7 I PION X (6

X =—cosht X =cosht
. ) teR : ONNDVY, - teR mnd mvNIo
y =2sinht y =2sinht
D=D,uD,

[ X(u,v) =ucoshv

X ] O<u<l veR 2
y(u,v) =2usinhv

x(u,v) =—ucoshv
D,: O<u<lveR

y(u,v) =2usinhv

2

2
X=— 1+y? n>‘:z~mw,x=1’1+y? ™I :NION .2 .09 N (7

X =—cosht {eR b x =cosht (R
. € R INNDVY 9IMN € R 707 9y : MIVNI
y:\/§sinht L y:\/§sinht L
X =—cosht
11 C: _ In(2—/3)<t<0 .)
y= J3sinht
8 (8
67329 (9
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3 P19

th . DXNVYN MY OMINH ONP

(M21a) NMavip Naxna MY na DPNinN DMp

MHNY

: DYNAN DXYOYON HY MY (1

0P NP (4,%) ™IAVPN NTIPIN AN PN N

020 NP (=1,—-1) TIOIPN NTHIPIN DN IYPHN .2

: DYNAN DOOYON HY NY (2

0P NTIPY (10,—%) ™MAVYPN NTIPIN NN YPHN N

P20 NP (0,-4) NIVIPN NTIPIN IR IPHN .2
P20 NP (-2,2) MI0IPN NTIPIN IR PN )

: DYNAN DYOYON HY Ny (3
PAVIP MOPTNNIPY 4X—X° =1+ Xy IRNWYNN NN PO N

VIO MOPTNNIPY r=—4c0s6 IRNYNN IR IPHN .2

:DYNIN DXPYON DY NY (4
P MOPTNNIPY X2 +y? =4y IRNVHNI IXR YPOD N
P29 MOUPTNNIPY X =10 ARNYNN IR PHN .2
PIAD0 MOPTNINIPY Yy =4 IRNWNN IR PO L)

: DYNAN OOYON DY NY (5
PO MOPTNRIPY =4 IRNWNN DX PN N

V0P MOPTNNRIPY O =714 DRNIVNIN AN IPHD .2
PO MOPTNINIPY 1 =2c0s0+4sinG NXIWNN DX IPOIN )
NPTV MOPTNINIPY 6r’sin@d =4—-cosd IRNVNN NN YPON T
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3 P19

GWWL . DXNVYN MY OMINH ONP

AP DNN TNN D02Y ,DMIPR MY PN (6
219 MINNA OMNPNN TN DD 1aND

AN

20NN PON DMNAN DXOYONN TN YD1 (7
P20 MDA ININIAND

y=+1-x* .N

y=—J1-x* .2

b
I
T
<

N
A

20V PON IRNND ONPNN TAX DIV ININ I-N DXPYDa (8
(PPAVIP) N1 NNNA INMNX NN IPN DX VLIV

y=4y4-(x-2)* .N

X=—/6y—-y*> .2

y=—1+yJ1-x*
LDINNN AW T DY ) PYON PN NN INO T
7V Y HY 1IN ININD OIN

: 1YI9IH NMIND DNMIN NN NN DINAN DININNN NN VLIV (9
S :{(x,y)|x2+y2 34} N
S ={(x, y)|0< ys\/4—x2} i

S:{(x,y)|—W£x£O} 2D
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3P GWL . DXNVYN MY OMINH ONP

: TPIDI9 NMINN ONIN PN YN OINIAN DIMINNN NN VLIV (10
S :{(x, y) 1< X% +y? 34} N

S:{(x,y)|1£x2+y2£4,XZO,yZO} A
S:{(x,y)|13x2+yzs4,x20} 2
S={(x,y)|1£x2+y2£4, yzo} T

: TPIDI9 MINN ONIN PN TN DINIAN DININHN NN VLIV (11
S ={(x,y)|lsx2+y2 <4, x< yst} N

S={(x,y)|x2+y2£4, yZX} a

.S= {(X, )| %X+§ <y<425-x? } : P21 NN NN OINNN NN NN (12

Na

.S= {(x, y) | igx <y <A8x— xz} :TPIADID NN NN OINNN NN NN (13

.DINN PN HD2) 0PN NV PD (14
.DMINNNN TON DD DN IND NMIDID NHINNA OININNNN THN DD 1ANd
a 99N N MIN
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3P val . DXNVYN MY OMINH ONP

D MAIVH
(r,H)z(\/E,ST”j A (x,y):(2,2\/§) NO(1
(r,e):[@%”j 3 (r,e):(4,37”j 3 (xy)=(5-53) x @

(x+2)°+y*=2? 2 4rcos@—r’cos’@=1+rcosd-rsind .N (3
rsind=4 . rcos@=10 .2 r=4sind .N (4
(x=1)°+(y—2)*=5 . y=X .1 X+y° =4 N (5
3
6(«/x2+y2) Yy =4 +y? —x T
r=t Zop<Z A r=—1  0<0<” N (6
singd 6 2 cos@ 3
r=1 , r=1 . r=1 N 7
o< r<0<2r 0<O<rz’
2 2
r=1 r=1 r=1
) N T
arctanESHSarctan(—ﬂ)wz Osesz ’ 13933—
3 3 2 2 2
r=6sind, 0.57<0<7z .2 r=4cosd, 0<6<057r .N (8
r=-2sin@
r=—_i, 1252 <0<1.757 1 ! B
sin@ 7<0<1.257r0or1.757 <0< 2r
0<r<2 0<r<2?2 0<r<2?2
2 . NO(9
057<0<15x 0<f@<r 0<0<2r
1<r<?2
—-057<0<05x
1<r<?2 1<r<2
or b ul .N (10
0<6<05x 0<0<2rx
1<r<?
152<0<25r
1<r<2
0<0<r
1<r<?2
0<r<2, 0257<6<1257 A N (11
0.25r <@ <arctan2
_LSrsS
7sin@—cosd (12

arctan g <@ <arctan (—%j +7
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3p79

Gwl . DXNVYN MY OMINH ONP

0<r<8cosé, %ses% (13

0<0<Z N(14
cos@ 3

0<r<

oy
IA
o
IA

N
(W}

68

wWww.GooL.co.il 9NND 102 XTI 1IVIDA XON NINSY
© PMMYD NN —INM 2ANd




3P GWL . DXNVYN MY OMINH ONP

ANTNA DYNvvn

MHNY

:3=1 MONYA DXNLYNN NX VLIV TN

—+—+—=1 (1
1 (

7 =5x*+1.25y* (2
20x° +45y* =180+36z> (3

: DYNAN DXNVLYN DX IVVLIY I (4
7=4x"+y*+1 .N
z=3-x*-y* a2

: DINAN DXNVLYNNN TR DD INT (5
25x% +100y” +4z° =100 .N

25%% +4y® —50x-16y -100z+41=0 .2
X*+4y* —47° +802-404=0 .)

.Z2=12 POWNN P2V X* + y* +2° =169 NLWNN P2 TINPNN NN INSD (6
P97 NN IRNIND NN 1PA0N

2X2 +2y? + 277 —16x— 4y + 40z +206 =0 nLwHN NN (7
NOYNN DR INT N
X-5 y+1 z+14
S 2 1

WM DY NLWHRN Y TINPNN MTIPI NN INSD .2

X4y 4722 =641 X2+ y? +(z2-10)° = 24 DNLYNN P2 TINND DN INSD (8
299) NN NRIINND IN IPIAON

.362° +4x* —9y* =36 NLwHN PN (9
AMN VLIV NLWNPN NN INT X

NN INMNI DINSND) DPRY DY MY DY MIVNIS MIND MY .2
NOYNN HY B9 DINNMIVY
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3P GWL . DXNVYN MY OMINH ONP

R X =y +22°=3, Q:2X* —y* +17° =3 : DNLWYWN NV DN (10

LDMN VLYY DNLYNN IR INT N

NIN¥NI NN DD, MPONO>NY XN Q-1 R P2 PIIdNN D NN .2
290N DNVINN NXNYN NX 1IN ,7IVIN2

N1 A(=2,-3,2) D PM.Q -2 R Yannn Hvw phn o0 C ND0nn L)
.C Yv o»o NP N B(-1,0,1) - C YW nYNnn n1p)
01m79 1NN C NNOHIAND

.C 12017 y-N N PAINMIISPN PNIND DX INND T

L0930 DINVYWNN DI DY DIV INNNN NT NP YPI02 o

NOYD Mvn

SORIDION (1

DYN 2995 NNAN YVPON NI (2

DN TN PRI (3

9YN 2955 NNaN (0,0,1) NTIPIA NIV OIVLION PRININO KX (4
1VN 995 NN (0,0,3) NTIPIA NIIMY OVPIN TN .2

DRIDION N (S
N9YN 995 NN (1,2,0) NTIPIAINIINYW OVION PRIVIAI .2

.(0,0,10) NP2 NIOIMYONYP-TN TRIAIN )
.(0,0,12) NP1z womw , X2+ y* =25 Layn NN NN (6
14 NOVTN (4,1,-10) MDY N0 X (7

.A(7,0,-12), B(%g,—g,—%j N TINN MTIP

-(0,0,7) nMPaa noMmw , X +y? =15 2ynn NN TIINN - (8

LY =1 PN DY ROV OINYP-TN PXIDIIN N (9
Xy, z)=(3t2tY) (,:(xy,z)=(32tt) .2
Z=-X2=X .2 DNWP-TN PRIVIANDN DN DXNLWNHN NV .X (10

J2 C: x=-cosht, y=\/§sinht, Zz =cosht In(2—\/§)stso )

70 www.G0ooL.co.1l INNT 193371 INT 21002 NI NN
© PMMYD NN —INM 2ANd



3P GWL . DXNVYN MY OMINH ONP

ANTNA DA

MHNY

92PNV NN IN D102 YIRN) 2NN DONIN DIVINNN NN WV (1
V ={(x,y,z)|x2+y2+z2 £4} N

{(x Y, 2)|—J4-x2—y? <z<\J4-x*—y?! 2

{(xy,z)|x +y*+2°<4 , 2200

}

|
{(x y,2)|0<z2<\J4-X? yz} T

b

{(xy,z)|x +y*+2°<4, 2<0

\% :{(x,y,z)|—4/4—x2—y2 sto}
}

V={(x,y,2)|0<x<2,0<y<4,0<z<3

92PNV NN IN D102 YIRN) 2NN DONIN DIVINNN NN WV (2
={(x,y,z)|x2+y"'+z2 <1, sz,yzO,zzO} N

{(x y,z)|0<z<«/1 x> —y?, x>0, y>0} A

{(X y,2)[1<x* +y*+2* <4, x>0,y >0, 220} 2
{(xyz)|l<x +y?+2°<4, x>0,2>0, 0<y<x} A

{(x V,2)| 1<z <1+41-x —y2 N

{(xyz)lwlx +y? <7<t >t ——x —y}

2APNNY 91N IR D912 1IN 2NN DININ DIDINNN NN VLIV (3
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:11-1 MRV MXNWNHN IR NS
y"-100y=0 (1
y'—4y'=0 (2
y'-8y'+7y=0 (3
2(0)=1, z'(0)=1, 4z2"+z-52=0 (4
y'-2y'+y=0 (5
o*x X
4—+4—+Xx(t)=0 (6
y'+4y=0 (7
y"+10y'+125y =0 (8
y(0)=0, y'(0)=3; y"—2y'+10y=0 (9
5y"+8y'+4y=0 (10
" 1

y"(x —?y(x):o (a>0)

y(0)=4 (11
y(0) = y(-0) =0
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yy'+(y') =0 TN (12
APTRN YW MINING 0N Y, = VX1 y, =4 9 ININ LN

27N DY PNIND N, Z(X) = Y, (X)+ Y, (X) PINSN DN .2
ITPYINDINDN NIPYD NND T3 ¥ DN

OO MVn

y=ce”+ce™ (1
y=c +ce” (2
y=ce +ce™ (3
z=¢" (4
y=ce’+c,xe* (5

—t —t

x(t)=ce? +ctez (6
y =C, C0S2X+C,sin2x (7
y =e[c,cos10x+c,sin10x] (8

y=e’sin3x (9

= 2 2
y=e? {clcos(ngmzsin(gxﬂ (10

M

y=4e 2 (11
NN NONRY (12
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"?2vIinn vinnan” nv'wa 0MTpn NNNYN

MHNY

:INAN MNNYNIN DX IIND

y"+5y'+6y =22x+6x> (1

y(0)=2, y'(0)=7; y'-2y+y=e™ (2
y'—y'-2y=4sin2x (3
y'-2y=xe* (4

y'—y=3e"cosx (5

z"+z=sinx (6

y'-3y'+2y =2x* +e* +2xe" +4e¥ (7
y'+3y'=9x (8

y'-3y'+2y=e* (9
y"-2y'=6x>—2x (10
X"+5x'+6x=e"+e (11

y"+2y'+5y=e"sin2x (12
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NIYD MAIVn
y=ce+ce™+x*+2x-2 (1
y=e'+4xe* +e” (2
y:cle2X+cze‘X+%sin 2x—gc032x (3
y=ce *tce®+(2-x)e™* (4

- 3 3 o
y=ce “+c,e* +Ee2X cosx+gezxsm x (5

. 1
z:clcosx+czsmx—zxcosx (6
y =Ce* +C,e” +x* +3x+3.5—x%e - 3xe* + 26> (7
-3x 3 2
y=C +C,e +§X -x (8

y=ce*+ce”—xe* (9

y=ce ¥ +ce ¥ —x—x-x* (10
-2t -3t 1 -t -2t
X=Ce " +Cpe +§-e +te™ (11

y=e"sin2x (12
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MHNY

:INAN MNNYNIN DX IIND

y"+5y'+6y=22x+6x> (1

y0)=2, y'(0)=7; y"-2y+y=e" (2
y'—y'=2y=4sin2x (3
y'-2y=xe" (4

y"—y=3e"cosx (5

z"+z=sinx (6

y"+3y'=9x (7

y"-3y'+2y=e" (8
y'—2y'=6x"-2x (9
X"+5x'+6x=€"+e* (10

y"—3y'+ 2y =2x° +e* +2xe* +4e¥ (11

y"+2y'+5y=e*sin2x (12
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y=ce X +ce”+x*+2x-2 (1
y=e*+4xe* +e* (2
2x —-X 1. 3
y=ce”+c,e +gsm 2x—g0052x (3
y= cle‘@ + czeﬁx +(2-x)e* (4
=X X 3 2x 3 2X a3
y=Ce “+C.e +1—e cosx+—e“*sinx (5
. 1
Z=C,COSX+C,Sin x—Excosx (6
-3X 3 2
y=c,+C,e +EX -x (7
y=ce*+ce”—xe* (8
y=ce X +ce—x"—x-x> (9
x=ce ' +ce™ + % et +te® (10
y =ce* +c,e”* +x* +3x+3.5-x%* —-3xe* +2e* (11
y=e *sin2x (12
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DMYNIa XXM
MYNY
: MININD MXRNYNON DIXIIND

1
y+y=—- (@1

sin x
y'+4y'+4y=eZInx (2
y'+2y'+y=3e"Jx+1 (3
1 . n Ll eX

y(2)=0.y'(1)=0 : y-2y+y=—- (4
y'-3y'+2y=—-r (5

l+e
y'+4y=sec2x (6
YYD MAIVn
y =C,COSX+C,sinX—cosx-X+sinx-In|sinx| (1

“2x o X 1 2,-2x
y=cerexe et o Inx—E +x%e[Inx-1] (2
3

6(\/x+1)5 6(\/x +1) -

y=ce+c,xe - - +xe”* [Z(X +1) } (3
5 3
y=e'—xe*+xe‘Inx (x>0) (4
y=ce*+ce” +e In(1+ e‘x)+e2X [In(1+ e‘x)—(1+ e‘x)] (5
y = C,COS2X +C, Sin 2x+%costIn|cost|+sin 2x-x (6
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NMMIVIAAIRN nvvin

LNYIN WATI NI ON N¥IN BY 1773 3995 7973 1393 XY AT KW 1 199N

.(aD?+bD+c)y=Q(x) < ay"+by+cy =Q(x) : X1 MOON YN MYNWI

MHNY

:ININ MNNYNIN DX IND

(D*-D-2)y=4e* +10e* +11
(D*-2D+1)y =10e" +e* -1
(D*+D-2)y=4¢"+e'" +14

(D?+4)y =sin5x
(D? -4)y =sin xcos xcos 2x
(D?* +D—2)y=cosx—3sinx

(D? +2D-3)y =2cos xcos 2x

(1

(2

(3

(4

(5

(6

(7
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NP MIIVN
y=ce”+c,e*+e?*-5e*-55 (1

y =Ce* +c,xe* +%e4X +x%e -1 (2
X 2X X 1 10x
y=ce'+ce” —4xe +—e +7 (3

72
. 1 .
y:clc052x+c25|n2x—2—15|n5x (4

1 .
=ce®+ce®—-——sindx (5
y=¢ 2 80
y=ce*+c,e? +sinx (6

y=ce+ce™ +isin x—lcosx+isin 3x—i0053x (7
1 30 15
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22X NLVY YA NNNan Y'Y N'220 nnMx»? annvn

MHNY

Y (X)=e? T IUND Y +tanx-y' —(2tanx+4)y=01In9 (1
.(1—x2)y”+2xy’—2y:0 Ny (2

ND ,1PD00 ,7INDD TN PNINY MV NINONY VOV NN I1PIAON (3
SR DY YT IV ATON 1NN

(0<x<1), (1-X)y"+x-y'-y= 2(1—x)2e‘x
INRNND TNINNN VTN DY NIno, yl(x) =e" -¥Y VN7 QUKD

NS MAIIVN
y =ce® +c,e?(sinx—4cosx) (1
y:clx+cz(x2+1) (2

TN NONY - (3
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PYINYYA IRPOIINN

MHNY

NRNWN DY MNININY ON, Y, (X)=e", y,(x)=sinx D 1Pn» oOxn (1
1[0,7] YOP2 DONYDNTPN OY, y "+ p(X) y'+q(x)y=0

9PN NMIND NN Y, (X)=sinx?, y,(X)=cosx® NPYPNN M ININ (2
(—4,00) YO, xy"- y'+4x’y =0 NRNWNN YV

. Xx=0 72y P DIRNN KIN D IRIM NPXPNN OV INOPONINN NN 1IVN
IPTIN T ORM 1IYON NN .IVIT NIYLY NPND T YWY WIV )T

Vi (X)=xe, y,(x) =€ NPNPNONY NN NPW NPT (3
2 v 2x+3
+2X 1+2x
1YVPA DNAIION NPXPNN ONXN

.(—%,ooj yopa,y'- 1 y =0 ANNWYNN DY MNIN 1N

[-4,4] yopa,y, =x° ,y, =[] nespno mw Ny (4

JOPA NPXPNON HY INOPONIMNN NN VN N

JOPA IR NMIDN NPSPNON DNNIPTA .2

97010 NPINMIN I7TA DMK DY MININD 11 NPYPNAN ¥ 19N DN )
10°9°87 DITPN NOYIA NV

LXY"=2y"'=0 97790 DY MNIN 1N NMNNIN NPSPNON LT
77) PYDI NIRNIND NPND TO2 ¥ ONN

: DNIN DPYONIYNY (5
, 1 YOP2 O»NYI MV APIPNY ¥, (X) . Y,(X) P> N
-1 =2 DANND NNV IOV NOPONIND 2D NI
D287 DNTPN NYYA ;2 TTON NN NRNWND NNMP 2D NN
DOV NMIN 0N Y, (X) L Y, (X)-w ,yopa

, X >0 YOP DXPNY DNRTPN DY AW TTON HMMN INNYN MY .2
DOV NI, Y, (X) =X, Y, (X)=x" RvspNanY
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YU (X)+ p(x)y'+a(x)=0 977010 5% NN O, ¥, (X), Y,(x) 2 P
.1 YOPIMPNY p, g IWND, | yopa

 Y1(€)=y,(c)=0 NMayw, 1 yopa ¢ NTIPI NNMP DN YD NN
TN VTN MNIND YV MDD NN PR {y,(X), y,(X)} N

(6

DYDY MIIVN

N (1
W=-2x (2
3 (3
ND T N2 D IPYTANONY .2 W=0.8 (4
y"—gy'+%y=0 a NN IONY X (5
NN TORY (6
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10T ONNYN NTIN .2
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2002 NPYTI IRNWN .5
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Gwl NYKI ITON MINNYHD

DNYN nmMan

MHNY

:INID MNNYND DN IIND
dy x°

X o
(y=0) ™ y(

1-x)y'=y* @

yy'V1+ X2 +x\/1+ y>=0 (3

: dy
y@2)=1; (x-)-=>=4y (@4

dx
y()=-1 ;ﬂ:xy+3y—3x—9 (5

dx

(¥*y—2+2x* —y)dx—(xy* —4—4x+y*)dy=0 (6
dy=2t(y*+4)dt (7
—=X"-2Xx+2 (8
y(z)=1; y'+y’sinx=0 (9

(cosx=0)  y(0)=5 ; %:yseczx (10
X
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OO MIvn

2 3
==+ |=-xX"+k 1
y ~/3 (

1
=, =0 (2
In|1-x]|-c y

JL+y2=—Jl+xt +c (3

y

iIn|y|:ln|x—1| 4

4

X2
In|y—3|:3+3x+ln4—3.5 (5
y=2+ (x—1)2+k (6
y=2tan(2t*+k) (7
x=1+tan(t+c) (8

1
y=-—— 9
COS X

In|y|=tanx+In5 (10

L k15 a1

_2y
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NN NRNYN

MHNY

: 81 MOYNYA MINNVNN NN NS

(y°+x*)dx+xy’dy=0 (1

y,=4y—3x 7
2X—Yy
y2+X2y|:ny| (3

(3xy+ yz)dx+(x2+xy)dy=0 (4

(x— ycosljdx+ xcosldy =0 (5
X X

2xye"’

= (6
2 2
y2 + yze(x’y) +2x%e)

y@) =0 ; (y+w/x2+y2)dx—xdy=0 (7
(2x2t—2x3)dt+(4x3—6x2t+2xt2)dx:0 (8

(y?+x?)dx+xy"dy =0 nxnwnn M (9
ITPMIN 7PN NRNYNIY TN 9Y , n ¥12PN YW TIvN N1nY I8 NN .N

N PYDI RYMIY N OV TIVD NIAY IRNWYNN IRIIND .2
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OO MIvn

X
_F

—|n|x|:%ln‘2(y/x)3+l‘+c, y= (1
In|x|=%In‘(y/x)—ﬂ—%ln‘(y/x)+3‘+c, y=X, y=-3x (2
—In|x|=In|[(y/x)—(y/x)+c, y=0 (3
—In|x|:%ln‘2(y/x)2+4‘+c, y=0, y=-2x (4
In|x|=—-sin(y/x)+c (5

In(1+e‘x’y)z)=ln|Y|+c, y=0 (6
Inx:sinhl[§j+c (7

y
In|t|:—%In‘(x/t)—(x/t)z‘+c, x(t)=0, x(t)=t (8

n=1, In|x|:—%ln(l+2(y/x)2 +c (9

200 wWww.GooL.co.il 9MNY YD) INT MLV XON IINAD
© PMMYD N — N 2N5




23 P99 Gml NYKI ITON MINNYHD

(ax+by+c)dx+(dx+ey+ f)dy=0 NIIXNN ANNYN

MHNY

:INAN MNNYNIN DX IIND

ﬂ_ X+y+1

= (1
dx Xx+y+2

(x+2y+3)dx+(2x+4y-1)dy=0 (2

dy 2y—-x+5

= (3
dx 2x-y-4

dx _ 3+x+2y @
dy 1+x+y

(2x+y—-3)dx+(x+y-1)dy=0 (5

NAYD MAIVN
x:i(x+y+l)+lln(2(x+y+1)+l)+l+c, y=-—x-15 (1
2 4 4

In|x—1|:%ln ny—Jri+1‘+c ,Yy=x-3, y=-x-1 (2

x-1 2 | x-

Xi2_4_§|

0=14y—(x+2y+3)"+k (3

In|x—ﬂ:%{—(2+\/§)ln

\/ﬁ_zyLZ
x—1

+(—2+\/§)In

\/§_|_2yL2
x-1

}+C ¢
y=v05x-2-05 , y=—05x—2+05

2
|n|x-2|:%|n[2+2y—+;+(y—+;j ]+c (s
X— X—
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NPT NNNYN

MHNY

:6=1 MOYNYI MNNVNN NN NS

(2x° +3y)dx+(3x+y-1)dy=0 (1
(yzeXy2 +4x3)dx+(2xye"yz —3y2)dy =0 (2
(ycosx+2xey)dx+(sinx+x2ey—1)dy=0 (3

(1+y?sin2x)dx—2ycos’ xdy =0 (4

(yz— y +2de+(i+2y(><+1)]dy=0 (5
X(X+Y) X+y

(2x2t - 2x3)dt + (4x3 —6X%t + 2xt2)dx =0 (6

3P k WK, (3% + ye? Jdx+(2y° +kee™ )dy =0 nxnwnn - (7

NPT PNN IXNYNNY TN DY, K WM2APN DY TIVD NPNY TN N N
N PYDA XYMV K DY TIYN N2Y DRNYND NN NN A

202 www.GooL.co.il 9MND 101271 INT P00 NID )NIND
© PMMYD N — N 2N5




23 P99 Gwl NYKI ITON MINNYHD

OO MIvn

0.5x* +3yx+0.5y°-y=c (1
e ix—yi=c (2
ysinx+x%e’' —y=c (3

‘. y’cos2x y* _
2 2
In|x+y|+(x+1)y*+2x—In|x|=c (5

(4

Xt2=2x%+x*=c (6
y4
k=1, x3+exy+?:c (7
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MXMAVIIR DA

MHNY

DPYTH PR XY+ x(1+ yz) y'=0 DNNWNNYININ (1

1
L~ TPIMVINN BN NIV NMN NN
Xy

(—S”;ly —2e7*sin x]dx +(COS y* 2ye cos Xde =0 PRNUNNIYININ (2

S Ye® TPNNVINN DI NINYI NN IIND NPT NN

PN PN (X +2)sin ydx+ xcos ydy =0 INNWNNY IRIN (3

. Xe® TPNTIVIRN DN NITYA NMIN NN

:9=4 MYNWA MNMIYNN NN N

(¥ +y*+x)dx+(xy)dy=0 (4
(x=x*—y?)dx+ydy=0 (5
(2xy®+y*)dx+(xy*~2)dy=0 (6
(v -y)dx+xdy=0 (7

(y—xyz)dx+(x+x2y2)dy:0 (8

(9
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M (x,y)dx+N(x,y)dy =0 Np>¥10 X2 970 NN (10

M, —N
W ,#: f(x) OX :IPDIN .N

M. —N
DY N, S g (y) DX M

PNDOPN O 2o el

PNTIOPN DM 2N e

(y* —4xy)dx+(2xy° —3x*)dy = 0 TONO¥IDTA NNNWHN MY (11
L1252 xy DV PPN NINY NN ,NIRNIVNN DY TPNNVIND DN NN INSD
p(Xy) NISNN MYNVIRN DM,

. (5x2 +3y° + 2xy)dx+(3x2 +3xy? + 6y3)dy =0 NNNWHN NN (12

. ,u(X + y) NNXNND XINY NNINA ,NPXI0IKRN O DX INND

M (x,y)dx+N(x,y)dy =0 5ONI¥IITN NNNWNN NN (13
TPNNOIN DN N MHTPY NN DY, IRNWNN DY ININ INSD

X
S1a92 = YV INPMNS NINY
y

(xy?)dx+(x+xy? ) dy =0 TONONIDTN ANNWRN TN (14

XOyP HY PSP NINW NNINT ,IRNVHON YW DPSDOPNRN D) NN INSD
- (X7Y7) NN ENOLYR DM, I

M (%, y)dx+N(x,y)dy =0 ON8YI9TN NRNWNN NNM (15

NINY TPNDOIN DN N2 MY NN DY, IRNWNN DY ININ INSD N
1252 xy DV PNPND

INNWNN DY 7PNNVINRND DI DX RINND 7N DY /N PYDI NI A
.(y—xy2 Inx)dx+xdy=0

M (x,y)dx+N(x,y)dy =0 7ON8¥19>TN NXNWNRN NN (16

TPNMOIN DN N2 MY NN DY NXNWNN DY ININ INND
S7252 X4y DV DINPNA NIV
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OO MIvn

y 2
0.5x2+—2+ln|y|=c (1
e'siny+2ycosx=c (2

siny-e*-x*=c (3
3

0.25x* +0.5x%y? +X§ =c (4
lIn(x2+y2)—x:c (5
2

x2+xy+%:c (6

x-2X—¢ (7
y
—Inx—i+y:c (8
Xy
3 3
_X__|_2_y=£ (9
y 3 3

DN NONRY (10
u(xy)=(xy)" (11
pu(x+y)=(x+ y)2 (12

V(M -N,) P
if: +=h(x ) then: LF.: u=e "™"™ (13
yN +xM A H
Xy
1 . M —N J-My—Nx
= A if: —X—X=n(xy) then:LF.:u=e"™"™ N (15
M, —N My
if : Ny—MX =h(x+y) then:I.F.:,u:eI N-M (16
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MHNY

:INAN MNNYNDN DX IIND

d_y+ 2xy =4x (1
dx

Xy'=y+x +3x°=2x (2
(x>2) (x—2)y':y+2(x—2)3 (3

(x>0) Xy+(2-3)y=x" (4

y(0)=1; 3—¥+y:2+2t (s

(sinx>0) %4‘ ycotx =5e“* (6
X

(sinx>0) y'-2ycotx=1 (7
z(r)=0 ; x’z'+2xz=cosx (8

ydx=(2x+y*)dy (9
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YO0 MAIVH
y=2+C-e* (1

X2
y:x{?+3x 2Inx+C} (2
y=(x-2 [x —4x+C ] (3

1 1
y=§X +C-x%* (4
y=2t+e' (5
1

== [5e™*1C| (6
y sinx[ i ] ¢
y =sin’x[-cotx+C] (7
_sinx

XZ

x(y)=y*(y+c) (9

(8
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212712 NNNIYN
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